Introduction and Main Results

A Finsler manifold ( ) ,
where the limit on the right hand side exists for all p X ∈ and, in fact, is independent of p. Manning showed that, in the case of non-positive curvature, g h coincides with the topological entropy. In 1997, using the notions of Busemann density and Patterson Sullivan measure, G. Knieper proved the following result (see [3] , M g be a compact Riemannian manifold of hyperbolic type without conjugate points, and X be its universal Riemannian covering. In 2005, we show that the growth function of the volume of geodesic spheres of X is of purely exponential type with the volume entropy g h as exponential factor (see [4] ). The main result of this paper is the following: h F as exponential factor. The paper is organized as follows: in Section 2, we recall some basic facts about the volume entropy of a compact Finsler manifold. Section 3 is devoted to the ideal boundary and the Gromov boundary of the universal Finslerian covering of a Finsler manifold of hyperbolic type. In Section 4, we introduce a notion of quasi-convex cocompact group and we provide the proof of the Theorem 1.1.
The Volume Entropy of a Finsler Manifold of Hyperbolic Type
In this section, we briefly recall some notions from Finsler geometry; see [5] or [6] 
is positive definite at every point of F c such that 1 .
M F be a Finsler manifold M. We say that F is uniformly equivalent to a Riemannian metric g, if there is a constant
be the universal covering of M. Using the map p, we pull the Finsler structure F back to M  . The resulting F  defines on \ TM  0 a Finsler structure. We denote by
Remark 2.4. Note that if M is compact manifold and F is invariant under the deck transformation Γ then F and g are uniform equivalence.
Ideal and Gromov Boundaries of Finsler Manifolds of Hyperbolic Type
The following theorem is fundamental for the study of the ideal boundary of Finsler manifolds of hyperbolic type. It was proved by Morse in dimension 2 and by Klingenberg in arbitrary dimensions. The fact that the Morse Lemma also holds in Finsler case was first observed by E. M. Zaustinsky (see [7] ). Due to Klingenberg (see [8] ), the Morse Lemma holds in any dimension. 
a natural topology with respect to which
Let recall now some basic facts about Gromov hyperbolic spaces. Let ( ) (see [10] or [11] 
Then the definition of the sequence that converges at infinity does not depend on the choice of the reference point. Let us recall the following equivalence relation  on the set of sequences of points in X that converge at infinity:
The Gromov boundary ( ) G X ∞ of X is the coset of sequences that converge at infinity. Let X be a simply connected manifold which is a Gromov hyperbolic space. One defines on the set 
G X ∞ The following lemma give an homeomorphism between the ideal boundary and the Gromov hyperbolic boundary of Hadamard manifolds: Lemma 3.11. (see [14] ) Let X 0 be a Hadamard manifold with sectional curvature 
, , [3] ). Since Γ is cocompact, the identity map 0 :
Let now ( ) , X g be a Gromov hyperbolic manifold, and Γ be a non trivial subgroup of ( ) Iso X and the limit set
is the subset of X defined by the collection of the images of the geodesics X c →  :
Γ is compact. The following lemma is due to Coornaert (see [13] 
for all and . 
